Abstract. For every natural number T, we write Ln T as a series, generalizing the known series for Ln 2.
Introduction
The Euler-Mascheroni constant γ, [1] , is given by the limit
where for every n ≥ 1, A n := 1 + 
,
and the series converges to some limit γ.
The new formula
Let T ≥ 2 be an integer. We have
By subtracting (1) from (2) and using Ln(nT ) = Ln n + Ln T, we get
We observe that (3) generalizes the formula Ln 2 = 1 − We can write (3) also as
and this gives Ln T as a rearrangement of the conditionally convergent series 1−1+
+ . . . . The formula (4) holds also for T = 1. Formulas (3) and (4) can be applied also to introduce Ln Q as a series for any positive rational
Now, for any k ≥ 0, the nominators of the k-th element in (3) are the same and their sum is 0. This fact is not random. For every constant a 1 , a 2 , . . . a T , the sum 
Also, if T is not a prime number, then dim Σ(T )
is a positive rational number and P 1 , P 2 , . . . , P k are all the prime factors of M and L together, then Ln Q ∈ Σ(P 1 P 2 . . . P k ).
We can get a non-trivial series for x = 0: Ln 4 = 2 Ln 2 = S 2 (2, −2) = S 4 (2, −2, 2, −2), and also Ln(4) = S 4 (1, 1, 1, −3 ). Hence 0 = S 4 (2, −2, 2, −2) − S 4 (1, 1, 1 − 3) = S 4 (1, −3, 1, 1)
The integral approach
The formula (3) can as well be deduced in the following way.
Ln T = lim
The series in the last expression converges at x = 1, and thus it defines a continuous function in [0, 1] and so the limit is
By (6), we now get that Ln T = If we put T = 3, j = 1 into (7), we get that (8) 
